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1
SYSTEM FOR IDENTIFYING PATIENT
RESPONSE TO ANESTHESIA INFUSION

RELATIONSHIP TO OTHER APPLICATION

This application is a US national stage filing under 35
U.S.C. §371 of International Application No. PCT/US2004/
019971 filed on Jun 21, 2004 and claims the benefit under 35
U.S.C. §119(e) of U.S. Provisional Patent Application Ser.
No. 60/479,937 filed Jun. 19, 2003, the disclosure of which is
incorporated herein by reference.

BACKGROUND OF THE INVENTION

1. Field of the Invention

This invention relates generally to systems for monitoring
patients during infusion of anesthesia, and more particularly,
to a model structure that captures basic characteristics in
patients’ responses to anesthesia and surgical stimulation,
such as BIS-based responses.

2. Description of the Related Art

The goals of general anesthesia are to achieve hypnosis,
analgesia, and patient immobility simultaneously throughout
a surgical operation while maintaining the vital functions of
the body. One of the most critical tasks of anesthesia is to
attain an adequate anesthetic depth.

Traditionally, anesthesia depth has been deduced indirectly
from physiological signals, including autonomic responses
such as heart rate, blood pressure, tearing, and patient’s
movements in response to surgical stimulations. The BIS
monitor, which is based on the bi-spectrum level of an EEG
signal, provides a viable direct measurement of anesthesia
depth. The BIS index ranges from 0 to 100, where 0 corre-
sponds to a flat line EEG, and 100 is a fully awakened state.
Deep sedation is present at 60 and below, where the patient
does notrespond to verbal stimulus and has low probability of
explicit recall. As a result of this technological advance, there
have been many attempts to apply control methodologies to
assist or automate the drug infusion. These preliminary stud-
ies on computer-aided drug infusion have been developed
with the use of simple control strategies such as fuzzy logic or
lookup tables.

To facilitate further control strategy development for
improved anesthesia performance, it is desirable to develop
representative models of BIS responses to drug infusion.
Such models will allow more substantial and faster develop-
ment and testing of new control, signal processing and deci-
sion methodologies. Also, they will provide a non-risky plat-
form to test performance, robustness, and safety under
extreme conditions and rare events. A satisfactory modeling
method for this application must address several umque and
challenging issues. Unlike electrical, mechanical, and chemi-
cal processes that are often repeatable and data rich, patients
differ dramatically in metabolism and pre-existing medical
conditions, as well as their responses to the contemplated
surgical procedures. Consequently, individualized models
must be established for each patient with limited patient infor-
mation and data points. The expert knowledge of anesthesi-
ologists plays critical roles in predetermining patient
response characteristics. Thus, there is a need for a model that
is sufficiently simple for easy clinical utility, suitable for
development and testing of control methods for improved
performance, and capable of incorporating expert knowledge
when the data are insufficient.

The research effort to develop computer-aided drug infu-
sion systems has been both intensive and extensive since the
early 1950s. The control methodologies employed include
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simple control (e.g., programmed control, relay control, and
PID control), adaptive control (e.g., self-tuning control, self-
organizing control, and dual mode controller), and intuitive or
intelligent control (e.g., fuzzy control, neural network con-
trol, and expert system-based control). To measure anesthesia
depth, many indices from the EEG signals have been pro-
posed, including the median frequency, spectral edge fre-
quency, and auditory evoked potentials. More recently, there
have been provided in the art BIS monitors having claimed
medical and economic benefits including reduction in hyp-
notic drug usage, earlier awakening, faster time to meet post-
anesthesia care unit discharge criteria, better global recovery
score, and more accurate assessment of awareness risk.

It is a great challenge to characterize mathematically a
patient’s response to drug infusion. As a result of large devia-
tions in the aforestated physical conditioning, age, metabo-
lism, pre-existing medical conditions, and responses to sur-
gical procedures among various patients, there is a
demonstrable high non-linearity and large variation in their
responses to drug infusion. Physiology-oriented models are
usually too complicated to establish individually using lim-
ited clinical data from a patient. On the other hand, anesthe-
siologists have been administering drug infusion successfully
with only limited information on patients, such as weight and
medical condition(s). The control strategies of an experi-
enced anesthesiologist are based substantially intuitively on
basic characteristics, such as the sensitivity of the patient to a
drug infusion. There is, therefore, a need for a system that
provides objective assistance to the anesthesiologist, thereby
reducing the medical professional’s reliance on subjective
criteria.

It 1s, therefore, an object of this invention to provide a
system that provides predictive information of a patient’s
response to anesthesia and surgical stimulation.

Itis another object of this invention to provide a system that
enables predictive control to compensate for surgical stimu-
lation.

It is also an object of this invention to provide a system that
provides visual indication of the predicted impact of a drug
infusion decision on anesthesia depth and corresponding
physiological variable.

It is a further object of this invention to provide a system
that provides indication to an anesthesiologist of impact to the
status of a patient that is anticipated from surgical stimulation
from predetermined aspects of a surgical operation, such as
incision and closing.

Tt is additionally an object of this invention to provide a
system that signals to an anesthesiologist a warning of
impending undesirable or critical patient conditions.

Itis yet a further object ofthis invention to provide a system
that urilizes real-time data in combination with the anesthe-
siologist’s assessment to identify predetermined characteris-
tics that are particular to a patient.

It is also another object of this invention to provide a
system that facilitates optimization of drug dosage to achieve
a desired patient status during surgery.

SUMMARY OF THE INVENTION

The foregoing and other objects are achieved by this inven-
tion which provides a knowledge-based and control-oriented
modeling approach. The models retain only the key charac-
teristics of patient responses that are essential for control
strategy development and can be determined by either data or
expert knowledge. The existing knowledge of anesthesiolo-
gists is abstracted and analyzed from their manual control
methodologies. Time delay, response speed, and drug sensi-
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tivity turn out to be the key properties in this regard. This
understanding is then used to develop a basic but flexible
model structure. Its validity and clinical utility are verified by
actual clinical data.

Although feedback control has been attempted in com-
puter-aided or automated drug infusion, it will be shown
herein that feedback control alone cannot avoid large fluctua-
tions in BIS values when significant surgical stimulation is
imposed. This drawback is largely due to the time delays in a
patient’s response to drug infusion. In this regard, predictive
control becomes highly desirable. In predictive control, an
early warning of predictable surgical stimulation such as inci-
sion will be sent to the control module. Based on an estab-
lished model on the patient’s response to the drug infusion
and to the surgical stimulation, an advance adjustment of drug
infusion rates (feed forward control) can be administered to
compensate for the impact of the stimulation. As a result, the
BIS value fluctuations can be greatly attenuated beyond the
capability of a feedback system.

In accordance with a first method aspect of the invention,
there is provided method of assisting a human expert in reduc-
ing predictable variations in the depth of anesthesia during the
administration of a medical anesthesia drug to a patient. The
method includes the step of solving:

V= F) = G =0 (x) 4 Co =By () + €3 =y x)
X1 X2 X3

where the coefficients C,, C,, C,, as well as the time periods
Tp (initial time delay after drug infusion) and T, (time con-
stant representing speed of response) are initiated by assess-
ment of a human expert.

In one embodiment of the invention, the human expert
performs the step of assigning a relative value between 1 and
10 to represent the patient’s response to infusion of the anes-
thesia drug, where 1 represents the slowest and 10 represents
the fastest.

Typical set points are selected to be approximately x, =50,
X, =100, and x,=150.

In accordance with a further method aspect of the inven-
tion, there is provided a method of determining a model that
corresponds to a predicted response of a patient to anesthesia
drug delivery. The method includes the steps of:

first determining an initial time delay T, after drug infusion
for the patient;

second determining a time constant T, representing speed
of response of the patient; and

third determining a nonlinear static function f, represent-
ing the sensitivity of the patient to a dosage of the anesthesia
drug at steady state.

In one embodiment of this further method aspect of the
invention, the steps of first, second, and third determining are
implemented in a Weiner structure. In a further embodiment,
the steps of first, second, and third determining are imple-
mented in a Hammerstein structure.

In accordance with a system aspect of the invention, there
is provided a system for determining a predicted response of
a patient to the administration of an anesthesia drug. The
system includes a first memory for storing patient dynamics
information relating to the infusion of a bolus dosage of
anesthesia drug, the first memory having a first output for
producing a first output signal corresponding to a first anes-
thesia level. There is additionally provided a second memory
for storing patient dynamics information relating to the infu-
sion of a titrated dosage of anesthesia drug, the second
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memory having a second output for producing a second out-
put signal corresponding to a second anesthesia level. A third
memory stores patient dynamics information relating to the
patient’s predicted response to events of surgical stimulation,
the third memory having a third output for producing a third
output signal corresponding to an anesthesia effect level. A
signal combiner arrangement receives the first and second
output signals and the anesthesia effect level, and produces at
an output thereof a combined anesthesia effect signal. A lim-
iter is coupled to the output of the signal combiner for estab-
lishing maximum and minimum values of the combined anes-
thesia signal. Finally, a virtual anesthesia monitor produces
an anesthesia value responsive to the combined anesthesia
signal.

In one embodiment of this system aspect of the invention,
the first, second, and third anesthesia levels correspond to
respective BIS levels, the anesthesia effect level is a BIS level,
and the combined anesthesia signal is a combined BIS level
signal. In some embodiments, the virtual anesthesia monitor
is a virtual BIS monitor for producing a BIS value responsive
to the combined BIS signal.

In a further embodiment of this system aspect of the inven-
tion, there is provided a source of known unpredictable dis-
turbances for producing an unpredictable disturbances signal,
and the signal combiner arrangement is arranged to receive
the unpredictable disturbances signal and the combined anes-
thesia effect signal is responsive to the unpredictable distur-
bances signal.

BRIEF DESCRIPTION OF THE DRAWING

Comprehension of the invention is facilitated by reading
the following detailed description, in conjunction with the
annexed drawing, in which:

FIG.1 is a block and line representation of a patient model
structure in accordance with the present invention;

FIGS. 2a and 25 are graphical representations that are
useful in characterizing a titration model aspect of the inven-
tion;

FIG. 3 isablock and line representation of a titration model
structure;

FIG. 4 is a is a graphical representation that shows the
relationship between a scaling factor and a BIS value;

FIGS. 5a to 5¢ are graphical representations of actual
patient responses;

FIG. 6 is a graphical representation of scaled surgical
stimulation levels;

FIG. 7 is a graphical representation of a drug sensitivity
function (titration);

FIG. 8 is a graphical representation of a drug sensitivity
function (bolus);

FIG. 9 is a graphical representation of a stimulation sensi-
tivity function;

FIGS. 10a to 104 are graphical representations of patient
model responses;

FIG. 11 is a block and line representation of a feedback
only control arrangement;

FIG. 12 is a block and line representation of a PID control-
ler;

FIGS. 13a to 13¢ are graphical representations showing the
quality of the feedback control;

FIG. 14 is a block and line representation of a control
arrangement;

FIG. 15 is a block and line representation of a predictive
and feedback control arrangement;

FIGS. 164 to 16¢ are graphical representations showing the
control quality;
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FIG. 17 is a block and line representation of a system
configuration showing certain ones of the modules;

FIG. 18 is a block and line representation showing the core
learning functions;

FIGS.194 and 195 are graphical representations showing a
patient’s BIS response to propofol titration;

FIGS. 20a to 20/ are graphical illustrations that demon-
strates the comparisons between recursive algorithms;

FIG. 21 is a graphical illustration that shows the result of
block recursion of a simulation;

FIGS. 224 to 22d are graphical representations showing a
moving average model of order 40;

FIGS. 234 to 23d are graphical representations showing a
moving average model of order 200;

FIGS. 24a to 24¢ are graphical representations showing an
Auto-Regression and Moving Average (“ARMA™) model of
order1;

FIGS.25a to 25¢ are graphical representations showing an
ARMA model of order 40;

FIGS. 264 to 26e are graphical representations showing an
ARMA model of order 10;

FIG. 27 is a representation of typical assessment mappings;

FIG. 28 is a representation of expert knowledge of drug
impact on the outcome;

FIGS. 294 to 29¢ illustrate a two-step recursive estimation;

FIGS. 304 to 304 illustrate a patient model response; and

FIGS. 314 and 315 illustrate a real-time identified model.

DETAILED DESCRIPTION OF THE INVENTION

FIG. 1 is a block and line representation of a patient model
structure in accordance with the present invention. The model
contains three building blocks, each with a similar structure,
as shown in FIG. 1. The first two blocks represent the patient
response to propofol titration and bolus injection, respec-
tively. The third block characterizes the patient response to
predictable stimulation such as incision, closing, etc. For
concreteness, it is assumed that propofol is the anesthesia
drug although the model structure is generic and valid for
other anesthesia drugs.

1. Model Structures of Patient Dynamic Responses to Drug
Infusion and Stimulation

The Titration Model

Anesthesia drug titration, illustratively propofol titration,
is administered in this specific illustrative embodiment of the
invention by an infusion pump (Abbott/Shaw LifeCare™
Pump Model 4). The dynamic response between the titration
command to the pump and the drug infusion rate at the needle
point is represented by a first-order dynamic delay:

1
Tis+1

whereT,is the time constant of the infusion pump. T, typically
ranges from 0.2 to 2 seconds and can be predetermined from
prior experiment data.

The key component of the present model is the patient
dynamics. Although the actual physiological and pathologi-
cal features of the patient will require models of high com-
plexity, for control purposes it is not only convenient but
essential to use simple models as long as they are sufficiently
rich to represent the most important properties of the patient’s
response. Understanding the information used by anesthesi-
ologists in infusion control, the patient’s response to propofol
titration is characterized with only three basic components:
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(1) Initial time delay 7, after drug infusion. During this time
interval after a change of the infusion rate, the BIS value does
not change due to time required for drugs to reach the target
tissues and to complete volume distribution. This is repre-
sented by a transfer function ¢ ™, (2) Time constant T
representing the speed of response. This reflects how fast the
BIS value will change once it starts to respond. This is rep-
resented by the transfer function:

1 .
Tps+1°

and (3) A nonlinear static function representing sensitivity of
the patient to a drug dosage at steady state. This is represented
by a function or a look-up table f.

FIGS. 24 and 25 are graphical representations that are
useful in characterizing a titration model aspect of the inven-
tion. The meanings of the three above-mentioned basic com-
ponents are depicted in FIGS. 2a and 25. Consequently, a
model] structure for titration is shown in FIG. 3.

FIG. 3 is ablock and line representation of a titration model
structure. The top portion of the figure is the Wiener structure
in which the nonlinear function follows the linear part; the
bottom portion of the figure is the Hammerstein structure in
which the nonlinear function precedes the linear part. Both
can used in this application. For concreteness, we will use the
Wiener structure in this paper. The delay time T, time con-
stant T, and the sensitivity function of the model vary dra-
matically among patients and must be established individu-
ally for each patient. Model development using clinical
patient data will be detailed hereinbelow.

Bolus Injection Model

Bolus injection inputs a large amount of drug in a short
time interval. The bolus model has a structure similar to the
titration model. However, due to the highly nonlinear nature
of the patient response, it has been observed that the patient
response to bolus injection demonstrates different model
parameters. The dynamic part is represented by a transfer
function

& TholusS

Tboluxs +1

Data analysis indicates that bolus injection response has a
slightly shorter delay time due to an increased speed for drug
to reach the target tissues. However, its time constant is much
larger. Also, its residue impact on the BIS values is small at
steady state. This results in a very different sensitivity func-
tion, which will be detailed in the next section.

Surgical Stimulation

One of the most important control tasks in infusion control
is to predict the impact of surgical stimulation on the BIS
levels. Surgical stimulation is a main cause of large fluctua-
tions in anesthesia depth during a surgical procedure. Early
prediction of the impact will allow advance drug adjustment
before a feedback signal from the BIS monitor activates con-
trol actions. Typical surgical stimulation includes initial
preparation, incision, closing, etc. Such stimulations cause
large fluctuations in BIS values and must be compensated by
adjusting anesthesia drugs. An experienced anesthesiologist
understands the level of such stimulation and adjusts drugs in
advance to minimize its impact.

Surgical stimulation has an opposite impact on the BIS
values to the drug infusion. The higher the stimulation, the
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higher the BIS value. The sensitivity of the BIS values to
stimulation decreases with deepening of anesthesia, i.e.,
lower BIS values. Unlike drug infusion whose rates can be
controlled and measured, stimulation is not controlled by
anesthesiologists and cannot be accurately measured. On the
other hand, unlike unpredictable disturbances or noises, sig-
nificant surgical stimulation is predictable in advance and can
be roughly characterized by their severity in affecting BIS
values.

Classification levels from 1 to 5 to represent the severity of
the stimulation: 1 being a minor stimulation and 5 the most
significant stimulation. For control purposes, these rough
characterizations are clinically feasible and sufficient for pre-
dictive control, which will be described in detail hereinbelow
(see, Predictive Control). Patient responses to surgical stimu-
lation are represented by the third model block. The block
contains also a time delay T, and a transfer function:

1
Tes+1

to reflect its dynamics and a lookup table for its impact on the
BIS levels at the steady state. Since a patient’s BIS sensitivity
to stimulation depends on hypnosis state, a scaling factor o is
introduced. o takes values between 0 and 1. The surgical
stimulation is first scaled by:

Stimulation Levelxa=Scaled Stimulation Level

The scaled stimulation is then used to predict the impact on
the BIS measurements. A typical curve of a as a function of
the BIS value is depicted in FIG. 4.

FIG. 4 is a is a graphical representation that shows the
relationship between a scaling factor and a BIS value. Infor-
mation on an upcoming stimulation will be used as a pre-
warning to provide a predictive control so that the impact of
the stimulation can promptly be compensated by early tuning
of drug infusion.

BIS Monitor Dynamics

The BIS monitor measures the EEG signals and performs
bi-spectrum statistical analysis. Due to the processing time
and data windows required in this procedure, the BIS monitor
introduces a pure time delay (from processing time) and a
dynamics delay (related to the size of data windows). Its
relevant dynamics for effecting control can be represented by
a system transfer function:

1

e*.’bs
Tps+1

cascaded with anonlinear limiter with lower limit 0 and upper
limit 100 (defining the BIS range). BIS monitor dynamics can
be established off-line, independent of surgical procedures.

Other Disturbances

There are many sources of disturbances that will also affect
the BIS readings. These include unpredictable stimulation to
the patient, electrical noises, sensor attachment movements,
environment noises, etc. These disturbances are unpredict-
able and cannot be compensated by early predictive control.
Their impact on BIS levels will be minimized by a feedback
action.

Model Verification and Development by Clinical Data

Data Collection Protocol

To verify the utility of the model structure and develop
individual patient models, clinical data are collected, after an
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approval from the IRB board. In the clinical data collection
process, standard medical care is given to the patients without
any deviations. A typical protocol is described in the follow-
ing: The BIS monitor is applied. After the monitor sustains a
base level of the BIS values, versed (a drug) and fentanyl are
given for inducing preoperative sedation and controlling a
BIS level higher than 90. After the patient is brought into the
operating room, other physiological parameters will be moni-
tored, such as blood pressure, EKG, pulse oximeter, and
end-tidal CO, (after administering oxygen). Sedation will
start with 1 mg versed and bolus propofol injection of 20 mg
1V, followed by propofol infusion of initial rate 25 mg/kg-min
to control the BIS level to the range of 70-85. Before surgical
incision, 50 mg of fentanyl is given and propofol infusion rate
is adjusted to control the BIS level to 50-65. After incision,
fentanyl and propofol are continuously adjusted to maintain
the BIS level at 60-75 until the end of the surgery. When the
surgical closing starts, the BIS level is adjusted to 70-85 until
the end of anesthesia drug administration.

Actual drug infusion rates and BIS trajectories vary with
surgical procedures. Drug infusion rates are manually
recorded. BIS trajectories are recorded in the monitor and
transferred to a laptop computer using the standard Hyper-
Terminal software. The data are then translated into Matlab™
data files for further data processing.

Clinical Data and Analysis

One typical data set 1s used in the following subsections to
illustrate the modeling process and verification results. In this
case, the anesthesia process lasted about 76 minutes, starting
from the initial drug administration and continuing until last
dose of administration. Propofol was used in both titration
and bolus. Fentanyl was injected in small bolus amount three
times, two at the initial surgical preparation and one near
incision. Analysis shows that the impact of fentanyl on the
BIS valuesis minimal. As aresult, itis treated as a disturbance
and not explicitly modeled in the present example. The drug
infusion was controlled manually by an experienced anesthe-
siologist. The trajectories of titration (in pg/sec) and bolus
injection (converted to g/sec) during the entire surgical pro-
cedure were recorded, which are shown together with the
corresponding BIS values in FIGS. 5a to 5¢, which are
graphical representations of actual patient responses.

The patient was given bolus injection twice to induce anes-
thesia, first at t=3 minute with 20 mg and then at =5 minute
with 20 mg. They are shown in the figure as 10000 pg/sec for
two seconds, to be consistent with the titration units. The
surgical procedures were manually recorded. Three major
types of stimulation were identified: (1) During the initial
drug administration (the first 6 minutes), due to set-up stimu-
lation and patient nervousness. This is characterized as a level
3-3.5 stimulation by the anesthesiologist. (2) Incision at t=45
minutes for about 5 minutes duration. This is characterized as
a level 5 stimulation. (3) Closing near the end of the surgery
at t=60 minutes. This is characterized as a level 3.5 stimula-
tion. Due to different BIS values in these time intervals, the
scaling factor a has different values under these three types of
stimulation. The scaled stimulation level trajectory is shown
in FIG. 6, which is a graphical representation of scaled sur-
gical stimulation levels.

Model Development

The data from the first 30 minutes are used to determine
mode] parameters and function forms. The infusion pump
model and the BIS monitor model can be derived or identified
with limited impact from real data. For the systems used in
this study, the time constant for the infusion pump model is
estimated as T,=0.5 second. The delay time and time constant
of the BIS monitor depend on the setting. For a short window
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selection (for fast response), these parameters are estimated
as 1,=10 seconds and T,=10 seconds.

For estimating the parameters in the titration block, the
data in the interval where the bolus and stimulation impact is
minimal (between t=10 to =30 minutes) are used. By opti-
mized data fitting (least-squares), the estimated parameter
values 7,=10 second and T =90 second are derived. The
data-generated sensitivity function is shown in FIG. 7 which
is a graphical representation of a drug sensitivity function
(titration).

The first interval of data is then used to estimate the bolus
model and stimulation model. The data are first processed to
remove the impact of titration by using the titration model
developed above. The processed data are then used to deter-
mine model parameters and function forms. The resulting
parameters are (all in seconds): T,,,,,=10, T,,,.=250,7,~=12,
T =3, K,=4. The sensitivity functions are shown in FIG. 8,
which is a graphical representation ofa drug sensitivity func-
tion (bolus), and in F1G. 9, which is a graphical representation
of a stimulation sensitivity function.

Verification

The actual BIS response is then compared to the model
response over the entire surgical procedure. Comparison
results are illustrated in FIGS. 10a to 10d, which are graphical
representations of patient model responses. Here, the inputs
of titration and bolus are the recorded real-time data. The
model output represents the patient response very well. In
particular, the model catches the key trends and magnitudes
of the BIS variations in the surgical procedure. This indicates
that the model structure contains sufficient freedom in repre-
senting the main features of the patient response. Also, the
impact of surgical stimulation is captured by the model. These
features are of essential importance in designing control strat-
egies for computer-aided drug infusion.

Feedback Control

Based on the patient model established hereinabove
(Model Structures of Patient Dynamic Responses to Drug
Infusion and Stimulation), a control strategy is described for
maintaining BIS levels and to provide robustness. The control
consists of two elements: (1) a feedback part for fine tuning
titration to compensate BIS deviations due to drifting of
patient dynamics, unpredictable disturbances and noises,
model errors due to simplification and non-linearity; and (2)
apredictive control to provide fast compensation for large but
predictable stimulation.

To justify the utility of this control structure, there is first
presented a discussion on feedback control and its perfor-
mance.

Feedback Control

Feedback control relies on the measured BIS signal to
activate control actions in order to attenuate BIS deviations
dueto disturbances and stimulation. Infeedback control, even
the predictable stimulation will be considered as disturbances
to the system. The structure of feedback-only controllers is
depicted in FIG. 11, which is a block and line representation
of a feedback only control arrangement.

It has been learned from multiple studies of feedback con-
trollers for use in anesthesia drug control that the highly
nonlinear nature of the patient response precludes the direct
application of linear control theory. Some controller types
that can be tuned for nonlinear systems include PD, fuzzy, etc.
In the present embodiment, a typical PID controller employed
to investigate feedback performance.

The PID controller is illustrated as a block and line repre-
sentation in FIG. 12. The parameters K. K, and K, are
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design parameters. It is well understood that choosing these
parameters is subject to fundamental tradeoffs. For instance,
large K, will result in oscillations, while small K, will result
in a large control error. Similarly, large K, will amplify
noises. Fine tuning of the parameters along these principles
has resulted in the control parameters indicated in the figure.

Performance Analysis and Fundamental Limitations

FIGS. 13a to 13e, which are graphical representations
show the quality of the feedback control performance. A
careful examination of the BIS trajectory reveals that the
feedback control is very effective in attenuating BIS devia-
tions due to random noises (see the portion of F1G. 13d where
no large surgical stimulation exist). This observation indi-
cates that feedback control design for attenuation of random
or small disturbances in this application is not particularly
difficult, even though the system is highly nonlinear. This is
consistent with other reports on BIS-based closed loop anes-
thesia control. However, in the presence of large surgical
disturbances, performance deteriorates very rapidly. This is
clearly reflected at the time intervals where incision and clos-
ing occur. This phenomenon is of generic nature. One expla-
nation for this phenomenon is that the BIS values respond to
surgical stimulation faster than to drug infusion. As a result,
there is a feedback loop time in which the influence of the
stimulation is not compensated, regardless the control algo-
rithms. Furthermore, the commonly used method of relying
on the BIS output speed to accelerate control actions in the
event of stimulation cannot be effectively used in this appli-
cation. This is due to the fact that the BIS measurements are
derived from EEG signals, which contain a lot of high fre-
quency noises. Acceleration of feedback will cause amplifi-
cation of noises. Consequently, improved control strategies
are needed beyond pure feedback control, as will be described
below.

Predictive Control

Design and Performance

It is observed from clinical data that it typically takes a
delay time of 5-20 seconds before the BIS value changes after
a modification to the titration rate. The BIS value changes
gradually thereafter with a time constant 80-200 seconds. On
the other hand, a surgical stimulation impacts the BIS levels
much faster. Consequently, a surgical stimulation will inevi-
tably cause large deviations on the BIS values if the control
action depends solely on the BIS monitor. This will signifi-
cantly compromise the quality and safety of the anesthesia
care of the patient. Such large deviations are evident from the
manual controlled BIS trajectory in FIG. 10. For example, the
BIS level rises to 90 after incision, which is highly undesir-
able. From a control viewpoint the only remedy is to provide
preventative drug infusion in prediction of a significant stimu-
lation. This becomes the main goal of the predictive control
block.

The control structure is depicted at a high level in the block
diagram of FI1G. 14, which is a black and line representation
of a control arrangement. It is noted that predictable stimula-
tion is distinguished from noises. In accordance with the
present control strategy, the adverse effects of noises are
diminished by feedback control and predictable stimulation
and are compensated by predictive control algorithms. Infor-
mation on predictable stimulation is sent in advance to the
control module.

FIG. 15 is a block and line representation of a predictive
and feedback control arrangement showing a detailed control
structure. For the patient characteristics under consideration,
a simple feedback structure appears sufficient. Here, there is
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employed a basic proportional feedback (K, =10, the same as
in the feedback-only control) together with a filter that com-
pensates infusion pump dynamics. The predictive control
block is significantly more involved. It is designed on the
basis of optimal stable inversion of the patient dynamic mod-
els. In principle, the desired drug infusion rates under a given
stimulation can be estimated by inverting the patient model.
However, such an inversion will result in a non-causal and
unstable system, and hence is not acceptable. The task here is
to find a causal stable (nonlinear) system that can optimally
approximate the model inverse in the frequency band of inter-
est. A computer program to find such an optimal system is
then devised.

To understand the potential benefits and limitations of the
control strategy, we applied it to the patient model. The BIS
trajectories from manual control are compared to those from
feedback and predictive control. The simulation results are
presented in FIGS. 16a to 16e, which are graphical represen-
tations showing the control quality. Due to its predictive capa-
bility and robustness in compensating BIS deviations con-
tinuously, BIS levels can be maintained much more steadily
under the computer control strategy.

It should be emphasized, however, that if stimulation is not
well predicted, then control quality will deteriorate. On the
other hand, even incomplete information on the upcoming
stimulation can be used to improve BIS fluctuations.

Robustness Against Modeling Errors

Since a patient model characterizes only the key features of
the patient response, it is only an approximation of the actual
patient response. As a result, it is essential that the control
strategies remain functional under modeling errors and inac-
curacy in defining stimulation levels and scaling factors. The
inventors herein have tested the robustness of this control
structure by introducing many variations of potential model-
ing errors and perturbed stimulation characterizations. The
predictive plus feedback control structure provides satisfac-
tory performance under these perturbations. The actual test-
ing results are omitted here for simplicity.

Modules and Learning Functions

FIG. 17 is a block and line representation of a system
configuration showing certain ones of the modules. As shown
in this figure, a plurality of signals, that may, in certain
embodiments of the invention, include the BIS monitor sig-
nal, a blood pressure signal, a heart rate signal, and other
signals is delivered simultaneously to a Real-time Learning
and Identification Module after signal synchronization and to
a Safety Assessment Module that compares the signal values
to predetermined safety specifications stored in a database.
The result of the safety assessment is displayed on a Display
Interface. As shown, the Display Interface includes graphical
and numerical displays, as well as warning indicators and
messages.

The Real-time Learning and Identification Module addi-
tionally receives information responsive to the assessment by
an expert (i.e., an anesthesiologist) that has been processed by
a Knowledge Mapping Module. The output of the Real-time
Learning and Identification Module is conducted to an Anes-
thesia Knowledge-based Wiener Model Structure, that func-
tions as hereinabove described.

Data corresponding to a desired target status for the patient
(not shown) is delivered to an Optimal Drug Dosage Calcu-
lation Module that also receives the data from the Anesthesia
Knowledge-based Wiener Model Structure. The status of the
Optimal Drug Dosage Calculation Module is displayed on the
Display Interface, and the corresponding data is delivered to
a Stimulation Compensation Module that also receives the
data from the Anesthesia Knowledge-based Wiener Model
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Structure. The data from the Stimulation Compensation Mod-
ule is displayed. In addition, the data from the Anesthesia
Knowledge-based Wiener Model Structure is delivered to a
Drug Impact Prediction Module, the output of which is also
displayed.

FIG. 18 is ablock and line representation showing the core
learning functions and their interrelationship in a specific
illustrative embodiment of the invention. As is seen in this
figure, two forms of input data (i.e., expert assessment and
BIS and physiological data) are processed and delivered to an
iterative process.

The prior expert assessment data is organized in accor-
dance with a predetermined knowledge mapping relationship
and combined with the dynamic and sensitivity processing of
the Weiner model to form a body of prior information. This
prior information is then delivered to the first stage of the
iterative process where the sensitivity portion of the model
map data is captured. Simultaneously, the BIS and physi-
ological data is processed, scaled, and synchronized, and is
also delivered to the first stage of the iterative process.

In this specific illustrative embodiment of the invention,
the output of the first stage of the iterative process is delivered
to a second stage, where the parameters of the dynamic por-
tion of the model map is updated by stochastic-approximation
and projected least squares processes. The resulting data then
is delivered to the third stage of the iterative portion of the
process where the dynamic portion of the model map is cap-
tured and an interim item of drug infusion data is developed.
The interim item of drug infusion data then is delivered to the
fourth stage of the iterative portion of the process where the
parameters of the sensitivity portion of the model map are
updated by stochastic approximation and projected least
squares processes. This process then is repeated by real-time
iteration where t=t+1, until an adequate Real-Time Individu-
alized Patient Model is formed.

The mathematical underpinnings of these processes is
described below.

Expert Knowledge and Fast Identification
The patient model must be individually developed to accom-
modate differences in patient characteristics, pre-existing
medical conditions, surgical types, and other deviations.
Since anesthesia infusion decisions must be made before
substantial data are available, it is imperative that prior expert
knowledge of an anesthesiologist is incorporated into the
learning process. In this section, a basic identification method
will first be developed. Some essential properties of the
method will be established. It will then be applied to real
clinical data in the subsequent sections.

Systems and Expert Information
The system under consideration has a Wiener structure with
input u and output y:

y=Gu+w, y=f(x)+v

where G is a dynamic linear system, f is a memoryless non-
linear function, and W and ¥ are random noises. In our appli-
cations here, G and f represent the dynamic (or transient) and
steady-state behavior of a patient’s response to a drug infu-
sion input, respectively. Simple examples of G include

1 ~ 1
—@=Tore™—=0=[r, T]).

G(s) =
) 1+ 7 1+Ts

Here and henceforth, for a vector or matrix z, z' denotes its
transpose. In our algorith, for computerized data processing,
G will be discretized and represented by an ARMA (Auto-
Regression and Moving Average) model
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A special case of the ARMA model above is an MA (moving
average system), where a,, . . ., a, and x(t-1), . . ., x(t-n)
disappear in the parameter and regressor, respectively.

The prior information on 0 will be a bounded set Q,, which
is provided by prior expert knowledge. For example, suppose

1

o) =T

The model parameter T has a clear physical meaning of
response speed and allows direct inputs from expert knowl-
edge. For instance, a patient with fast drug response will have
a small T. A linguistic assessment “fast response” can be
translated by a pre-designed assessment mapping to a
bounded set [T, T]. This information will then be mapped to
a bounded set on 0 after discretization. Typical assessment
mappings look like the intervals in FIG. 27. This set will serve
as prior information for the learning algorithm to be described
in the next subsection.

The nonlinear function f can also be parameterized. Usu-
ally, polynomials are used. However, polynomials of the form
X" L4, X"+ ... +C X4C, is nOt convenient for incorpo-
rating expert knowledge. In many medical applications, f
represents steady-state sensitivity: The impact of the input
(drug amount) on the outcome. A physician’s knowledge is
often expressed by an approximate relationship between the
input and outcome: Given typical input amounts Xy, . . . , X,
the approximate ranges of the predicted outcomes [y,
Vils -+ o [¥o Vol To accommodate this knowledge, we
replace 1,%, ..., x"" by a collection of appropriate functions
®,(x) and introduce the following parameterization for f.
Suppose that the prior information on f is given by m distinct
mappings: X,~[v, v;], i=1, . . ., m as shown in FIG. 2. We
parameterize f by

ul ey

where @,(x) is the mth order polynomial

m

1_[ x—-x))
A1
0= =

[1 i-x))

J=Lj#

®,(x) satisfies D,(x,)=0, j=i; @,(x,)=1. In other words, D,(x)
are indicator functions on the set points {x,, . . ., x,,}. The
unknown parameters will be denoted by ©=[C,, . .., C,]"
Consequently, the prior expert information becomes pre-
cisely the prior interval information on the parameters:
Celynyl i=l,...,m

The expert knowledge will serve as the prior information
on the unknown parameters 8 and ©. It will be generically
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expressed as 0 € Q, and S e Q,. Here, Q, and Q, are bounded
sets. In many applications, they are simply polyhedres. (See,
FIG. 28)
Basic Setup for Real-Time Learning Algorithms

We propose a class of estimation algorithms, which are recur-
sive and can be thought of as a relaxation procedure that uses
most recently acquired information. The algorithms are a new
twist of the least squares identification algorithms used in a
wide variety of applications. Its essence is to use real-time
data on the input {u, } and output {y,} as soon as they become
available. One of the distinct features of our algorithms is:
The identification task is accomplished in two steps. The first
step requires mapping the sequenece of outputs back to get a
sequence of “intermediate” output, which is used for estimat-
ing 0. Then the second step takes care of the estimation of ©.
These estimates are obtained recursively and hence are suit-
able for on-line computing, The expert prior knowledge is
used as constraints in the algorithms. The problem can be
stated as follows: Let 6, and ©, denote the estimates of the
model parameters at the kth step.! We proceed to design an
identification algorithm for 6, and ©,, based on the prior
information Q,, Q,, and past and present observations on u
and y, such that a least squares type cost function is mini-
mized. The following issues are of importance in designing

the identification algorithms.
!The actual time interval between the kth and the (k+1)st steps depends on the
sampling interval of the system.

1. Real-Time Computational Efficiency: During real-time
implementation, the data size N becomes larger and
larger. Consequently, the computational burden of find-
ing estimates can potentially become overwhelming
when N is large. As a result, recursive algorithms which
employ newly acquired data u, and y, to update the
estimate from 6, and S, 10 6, , and S, , ,, are much more
preferrable than their off-line counter part.

2. Nonlinearity: Due to the nonlinear model structure, the
numerical solution may be difficult to obtain. Hence, it is
desirable to find an approximate optimization problem
that is convex or linear.

3. Convergence: We need to establish convergence proper-
ties of the designed identification algorithms.

We update the estimates of 6 and © alternately and use the
most recently information as soon as they become available.
To do, we construct iterative procedures so that the estimates
of 6 and © are computed iteratively one followed by the other.
To be more specific, we introduce the two-step iterative iden-
tification setup below. The more specific algorithms will be
given later.

Two-step Procedure. Given the bounded sets Q, and €Q,,

which are given by use of the expert knowledge, and perfor-

mance indices e,(8) and e,(©), we start at k=0 with 6, and &,
being interior of 2, and ,, respectively.

Step 1: At time k, suppose that the estimates 6, and ©, have
been computed. To construct the next estiamtes, the
essence of the least squares approach normally reques a
cost function involves the the difference of observations
and “weighted” regression be minimized. However, the
output, or measurement, or observation x; is not available.
One remedy is to map the available ©, back and obtain the
“intermediate” output X, using the estimated nonlinear sen-
sitivity function with parameter ©,. Then use v, and X, to
obtain update 0, .

The update algorithm is a projected identification recursive

scheme

1. 0*=arg minge, (0) subject to the constraint 6* € Q.
Denote the estimate at the kth step without constraint
by 8, and the constraint estimate by 0. At time k+1,
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2.1f6,,, €Q,, then 6, ,=0,, .

3.1t 6,,, & Q,. then 6, , is the projection of 6, , onto
Q,, namely the closest element of Q, to 6.

Step 2: Now since 6,,, has obtained, we use u, and y, to
update ©,,, from S,. This is accomplished by minimize
another cost function e,(©) again in the mean sqaures
sense.

The update algorithm is also of the projected least-squares

identification:

1. ©*=arg minge,(©) subject to the constraint ©* € Q,.
Denote the unconstrained and the constrained esti-
mates at the (k+1)st step by ©,,, and &,,,,, respec-
tively.

2.1f ®k+1 € Q,, then é,m:é,m.

3.1f6,,, & Q,,then S, , is the projection of O, onto
Q,, namely the closest element of Q, to ©,,,.

Recursive Algorithms

Least Squares Algorithms
Following the discussion in the previous section, we develop
the two-step procedure here. Note that the statistics of (x,, ¢,)
and (y,, @,) may not be known, but their measurements are
available.

To begin, we first construct the unconstrained algorithms
and obtain its constrained counter part for 6, and then write
the corresponding part for & - In what follows, to signifty the
dependence of the cost function on k, we write it as e, 4(0).

Consider the problem of minimizing
1 k-1 )
e1(0) = ;‘; & -0,

where X, are obtained by a back mapping technique via S,.
Suppose that the matrix

k=1
Y= gt
i=0

is invertible with probability one for k large enough. Then, the
minimizing 0 is given by

k-1
—1
k= ‘}‘k

Xigi.
=0

Equation (3) can be put into a recursive form by expanding

P —~1
0k+1 = \l‘K+1

k-1
Z Xigi + 5Cx¢k},

i=0

to get see [9, pp. 18-20])

ék+l :ék+‘yk+l K xAk_q)ykék] . 4

Since a matrix is involved, the computation can be time con-
suming. To avoid the onerous task, by using the matrix inver-
sion lemma [9, pp. 18-20], we can rewrite the procedure
recursively as
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Yo =¥ “Trovis’
+ Y e
R R ¥t R
Bt =B+ —— [ -0
-1 = b 1+0,,(q‘,:1¢k¢k[xk 98]

These are known as the recursive least squares formulas.

To further simplify the procedure, taking a first-order (in
Y, expansionin (4) and (5) yields a linearized least squares
approximation

D100, 00, W, 1 50,0,

R 1S iy A N (6

The convergence of the sequences in (5) is assured by any
conditions that assure the convergence of the least squares
estimator.

Similarly, using the cost function

o

| —

i1
e4(0) = Z (i - 00",
i

and assuming that

g =

0

1I<71
k i=0

is invertible, wearrive at the recursive least squares procedure
for estimating ©*

_ Rl R Ao ®
E T TroE

o1

O =6, + O [yk —(D(k@x],

=k
s =1
1+0,5, 10,

and the linearized least squares approximation

G =Op B OO E, - 030,
Epy o5, OB, ©

Adaptive Filtering-Type Procedure
Replacing the matrix gain W, by a scalar sequence of step
sizes leads to further simplification of (6). In fact, we obtain
the following recursive algorithm

ék+1 :ék+ek¢k[ fk—¢'kék] ,

where €, 1s a sequence of real numbers satisfying

(10)

an

«SkZO,«Sk*)OaSkﬁoo,andZ«Sk=oo.
k

Algorithm (10) is a stochastic approximation type procedure,
and belongs to the family of adaptive filtering algorithms; see
[6] for an updated account on stochastic approximation algo-
rithms. Commonly used step size sequences include €,=O(1/
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k), €,=O(1/k") for some 0<y<1, among others. Likewise, for
©, we construct the algorithm as

ékﬂ :ék*'ﬁkq’k[)’k“b ‘kék] > (12)

where we choose the same sequence {¢,} as in (11).
Constrained Algorithms

For the constrained algorithms, we use projection operators
11, and II, to denote the projections onto £, and €, respec-
tively. Recall that Q,={6: 8,s6’<6,, i=1, . . ., 2n+1} and
Q,={©:05'<0,, =1, ..., m}, respectively. That is, we let
the ith component of the estimates 6 and © be confined to the
interval [0,, 0,] and [©,, B,], respectively. Similar to the
previous cases, the constrained algorithms can be written as

ék+1 =1L, [ék+ek[ S0 'kékﬂ >

ékﬂ:Hz[ék"'ek[)’lz_(bykék]]' (13)

Variants
Comparing the least squares algorithms with that of the adap-
tive filtering algorithms, their differences are seen in the step
size sequences involved. Consequently, the adaptive filtering
type algorithms have the advantage over that of the least
squares algorithm since one need not warry about matrix
manipulations for the step size sequences. As far as the com-
putational complexity is concerned, the real-valued step sizes
are more preferrable. Nevertheless, it is also clear that the
least squares algorithms use more information compared to
the adaptive filtering procedures owing to the use of the
matrix gain sequence. Therefore, it is expected that the least
squares algorithm provided better performance owing to the
use of matrix gain. One question is almost immediate. Can we
construct an algorithm that has the advantage as that of the
adaptive filtering procedures with reduced complexity, in the
mean time, still provides good performance? In other words,
we wish to construct algorithms that have advantages of both
adaptive filtering type and that of the basic least squares
procedure. The ideas of averaging becomes a favorable alter-
native, which was initially considered in [12, 14] and subse-
quently treated in [5, 20] for much more general noise pro-
cesses; see also [1, 15, 20] for averaging applied to both
iterates and observations. In what follows, we present two of
such averaging procedures. Both of them give rise to asymp-
totically efficient schemes. We will show that the averaging
algorithms so constructed yield asmptotic optimality. By
asymptotic optimality, we mean that not only is the scaling
factorthe best one, but also the limit covariance is the smallest
possible.

Suppose that §,—0* the true parameter with probability
one. For the rate of convergence, we examine the sequence
k%(H,~0%). We try to find such real number o that the above
rescaled sequence converges to a nontrivial limit in the sense
of convergence in distribution. The scaling factor k™ together
with the asymptotic covariance then gives us the desired
convergence rate.

Constant-Step-Size Algorithms
Inlieu of decreasing step-size sequences used in (13), we may
consider algorithms with constant-step size. In fact, in various
signal processing applications, one normally uses a constant
step size rather than a sequence of decreasing step sizes. The
rationale is that the use of a constant gain normally enables
one to track slight variation of the parameter. In reality, the
parameters involved in patient responses to anesthetic drug
infusion are not fixed constants, but rather time varying. Thus,
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the tracking ability is important. For our problem, suggest the
following constant-step algorithms with constraints.

ék+1 =II; [ék*f[ ’Ek—¢'kék] J:
ékﬂ =1L [ék"'e[yk_qykék]] >

Note that in (14), 8, and ©,,, in fact depend on € and should
have been written as 6,° and ©,, ,, respectively. For nota-
tional simplicity, we have suppressed the e-dependence. To be
able to get meaningful asymptotic results for algorithm (14),
we need to let €é—0. In the actual computation, one uses a
small fixed constant €.
Iterate Averaging

The idea behind this scheme is: First one obtains a rough
estimate via the use of larger than O(1/k) step sizes. Then one
takes an averaging of the iterates. One of the particular attrac-
tive features of the algorithm is that the use of large step size
creats oscilations and force the iterates moving towards the
target faster than the use of smaller step sizes. In addition,
although the averaging is essentially off-line, it can be
executed recursively. We shall work with the constrained
algorithm since we have the expert knowledge at our hands. In
what follows we use €, that goes to 0 slower than O(1/k), i.e.,
(1/k)/e,—0 as k—so0. Construct

(14

Binr = Hl [9/( +8k[56k —115//(9/(”, (13
_ _ 1 _ 1
Ope1 =0 — mek + meku

for estimating 6* and

O = ]_[ [Oc + &3 - %8]]. (16)

2

_ _  — 1 4
Oy =0y - m(')k + me)m

for estimating ©*.

Averaging in Both Iterates and Observations
An alternative of the iterate averaging calls for the use of
averaging in both iterates and outputs (observations)

bt = H (6 + &k X1, an

B

=

1
k A
Z & [56" —¢f9i],

pry

= o—

[

|
bt =0 - 84 g

and similarly,

O = ]_[ [0 +&kY,], (18

2
g R
Vi = ZZ Oy -8y,
prd

_ _ 1 1 4
Oyt =04 — mgk + mgkﬂ-

Convergence and Rates of Convergence
In this section, we study asymptotic properties incluing con-
vergence and rates of convergence of the recursive algorithms
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proposed in the last section. In fact, our attention will be
devoted to the constrained algorithms using iterate averaging
and/or averaging of both iterates and observations. Sufficient
conditions will be provided, and existing results will be used
whenever possible. The main ideas of development will be
presented although verbatim proofs will be omitted. To pro-
ceed, we need the following assumptions.
(A1) The sequences {(X,. ¢,)} and {(y,, @,)} are stationary
martingale difference processes. That is, with probability
one (w.pl),

&) (et Pit)s - - - 5 Kos ¢0)]=0, and

E[0n@l 3 1:®Ps1)s - - - 5 (0, Pg]=0.
(A2) The following moment conditions hold.
Eq)kq)yk:Aq)tE(Dquk:AdmEq)lrek:Bq)tEq)kyk:Bd)v

where A, and A, are symmetric and positive definite.
Moreover,

E1%, P41y P+, P+ @, P <es,

Remark 1. A special case of the martingale assumption deals
with sequences of independent and identically distributed
random vairables. However, more generally a martingale dif-
ference sequence is not necessarily independent but is uncor-
related. We note that allowing correlated signals is important
since in the anethesia infusion problem we consider dueto the
operating conditionss, the influence of various noise sources
in the enviroment, the signals generally will be correlated.
Theuncorrelated condition is only a crude approximation. We
choose such a condition since it is easier to understand and
more accessible to wider audience. It seems to be more
instructive to present the main ideas than searching for the
weakest conditions.

More general correlated noise such as ¢-mixing processes,
which in fact allows diminishing correlations between the
remote past and distant future; interested reader is referred to
[5, 20] and the references therein. However, for ease of pre-
sentation, we confine our attention to the uncorrelated sig-
nals. To make the paper more accessible and appealing to
wider range of audience, the assumptions given are much
stronger than necessary. Our hope is that we will be able to get
the main ideas acrossed without undue much of the technical
difficulties.

Convergence
In what follows, we illustrate how the algorithms can be
analyzed by using (17). The main ideas are outlined, but the
verbatim proofs will be omitted. To analyze the algorithm,
note that the first equation in (17) can be rewritten as

ékﬂ:ék+€k¢k[x/‘k_¢'kék]+E}rR¢,k7
where
Equ;,k:éku‘ék‘ﬁk¢k[~€k‘¢'kék]

is the vector having shortest Euclidean length needed to bring
€9, %~¢",0,] back to the constraint set Q, .

To prove the convergence of the recursive algorithms, in
lieu of considering the discrete resurvie directly, we take a
contiunous-time interpolation and work on appropriate func-
tion spaces. To be more specific, define

-1

=

[0=0, and 1, = &y

I
=)

i
k, 0 <1<y,

mt) :{0

<0,
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-continued

and
6°(0) = B for 1 € [, 1111),

00 =0 +1,).

That is 6° (t) is the piecewise constant interpolation of §, and
0%(t) is a sequence obtained by shifting 6° (t) sequence that
enables us to bring the “tail” of the sequence to the fore-
ground. For a more detailed account on the interpolations, see
[6, pp. 90-92]. Similarly, define

()1
RY)=0 for r=0, RYD= Z &Ry, for 120,

=1
RE(n)= Ry(+1) = Ry, for 120
and

k=1
- Z .‘,‘;R@Y", for 1 < 0.

i=m(itt)

Ryn=

To proceed, define a set C(0) as follows. For 6 € Q,°, the
interior of 2|, C(8) contains only the zero element. For 6 e 3
Q,, the boundary of Q , C(8) is the convex cone generated by
the outer normal at 8 at which 8 lies. Owing to the projection
used, it is easily seen that {6,} is bounded uniformly, and as
aresult {6%(+)} is a sequence of uniformly bounded function.
Moreover, it can be shown that {8%(+), R,(*)} is equicontinu-
ous in the extended sense ([6, p. 72]). By virtue of an extended
version of the Ascoli-Arzela theorem, there is a subsequence
that converges to some continous limit uniformly on each
bounded time interval. Thus, we arrive the following result;
the detailed proof may be found in [6, Chapter 5].

Lemma 1. Under conditions (A1) and (A2), {6%(+), R,/ (")} is
uniformly bounded and equicontinuous in the extended
sense. There exists a convergent subsequence with limit (6(),
R,(*)) satisfying the projected ordinary differential equation

6=B,~4,0+7,T,(He-CO(), 19)

where R (1=, T,(s)ds. Likewise, {€%(), Ry (*)} has con-
vergent subsequence with limit (©(¢), Ry(*)) satisfying the
projected ODE

O=By-AO+TeTe0) e-CE®D),

where R 5(1)=/,To(s) ds.
Remark 2. The significance of the (19) is that its stationary
points are precisely the values of the parameter we are look-
ing for. Inview of the expression (19),t,(*) is the term needed
to keep 0(*) in Q,. Interested reader is referred to [6, Section
4.3] for futher details. The significance of the T,(*) for the
drug infusion process is that the expert knowledge allows us
to keep the dynamics within a bounded region.
Theorem 3. In addition to the conditions of Lemma 1, suppose
that there is a unique stationary point 8* to the ODE (19).
Then 6, converges to 6% w.p.1. Moreover, 5,—6% w.p.1.
Similarly, suppose that there is a unique stationary point ©*
to the ODE (20). Then ©, and O, converge to ©* w.p.1.

The proof of convergence of {6,} follows from that of the
argument in [6, Theorem 5.1], whereas the convergence of 8,
is a consequence of a familiar fact in analysis (namely, if a
sequence converges to a limit then so does its arithmetic
average).

The uniqueness assumption on the stationary point is
guranteed by the choosing the projection bounds to be large

(20)
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enough such that §,<0 and 8,>0, i=2n+1. An argument using
a form of the Kuhn-Tucker points and the ideas of active
constraints to verify the assertion is in [6, Section 9.4]. When
0eQ°, T,=0. Note that interior to €, the dynamics of the
trajectories are determined by the ODE 0= By-A,0. This is
linear ODE and hence has a unique solutmo for each initial
condition. The stationary point of this ODE is precisely
0*=A," 1B¢. Intheactual calculation using the recursive algo-
rithm, if the iterates repeatedly hover the bounding surface,
we would increase the size of the projection region. Similar
discussion applies to the recursive estimates {S,].

Rate of Convergence
For the study of rate of convergence, we concentrate on both
iterate averaing algorithms and algorithms with averaging in
both iterates and observations in what follows.

Let us begin with (13), under the assumptions of Theorem
3,6,—0* w.p.1 and 0% € Q,°. Thus effectively, the truncation
or projection can be dropped in the rate of convergence analy-
sis. Define

B elt9'40%), 0,-6%,
=P PHE™), éfgk—S*-

Dropping the projection term and setting

k

[T u-adp), if j<k,

Duj=9em
1. it =k,
we have
a1 = (= &g Ag)ly +8di + 8 [Ag - P 0 @D

k k
=Duobo+ )" e+ ) oiDujlAg = 49708,

=0 =0

Using (21), we will be able to obtain a distributional limit. The
statement is in the following theorem. Its proof can be
obtained as in [6, Chapter 10]. In fact, in the reference, we
dealt with stochastic processes aspect of the problem by tak-
ing continuous-time interpolations and worked with interpo-
lated processes, and proved a limit stochastic differential
equation holding for the centered and rescaled sequence.
Theorem 4 Under the conditions of Theorem 3, for the algo-
rithm given in (13), (6,-6*)"e, converges in distribution to
N(0. Z,) a normal random variable with mean 0 and covriance
X,~E£ &', and (©,-6"We, converges in distribution to
N(0, Z4,), where X ,=En,1',.

The scaling factor 1€, together with the asymptotic cova-
riances X, and X, gives thedesired rates of convergence. We
next demonstrate that iterate averaging and averaging in both
iterates and observations lead to improved convergence
speed. To fix the idea, we choose €,=(1/(k+1)") with Va<y<l1.
Define
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-continued

-

S P
:W;GJ

Using (21), we can show that

where o(1)—=0in probability as k—2. Similar result holds for
W,.. We finally arrive at:
Theorem 5. Under the conditions of Theorem 4, for the itera-
tive averaging algorithms VK(B,~6%) converges in distribu-
tion to N(0, A~ 12¢A¢ ) and VK(S,~©*) converges in dis-
tribution to N(0, Ag ' ZgA 4. The conclusions continue to
hold for algorithms (17) and (18).

Discussion on Asymptotic Optimality
Consider 0, given by (13). In view of Theorem 4, if we take
€,=0(1/k" """ ()<y=1. Apparenetly, the best possible scaling
factor is by using €,=O(1/k). However, now the algorithm is
stochastic. The convergence rate is determined not only by the
scaling factor but also by its variations (variances). To exam-
ine further, take €,=1"/k, where I" is a matrix. According to
Theorem 4, \/K(G -0%) is asymptotically normal and its
asymptotic covariance 2 infact dependsonT’, i.e. E =Zy(I).
Minimizing the covarlance or its trace with respect to F we
obtain that the “smallest” covariance is given by A,” 12
Ay ")'. This suggests that one may wish to construct another
sequence to estimate E and use that in algorithm (13). Nev-
ertheless, a moment of reflection shows that such an idea is
not feasible since it is computational intersive. The results in
Theorem 5 show that by using averaging approaches, we
obtain asymptotically optimal performance of the algorithms
without carrying out the tedious estimation procedures. In
addition, the use of large step size (larger than O(1/k)) pro-
vides better transient behavior.

Simulation and Illustration
Utility of the recursive algorithms presented in the above
subsections will be illustrated here by a numerical example.
They will be applied to the anesthesia modeling in the sub-
sequent sections. The example plant is expressed by the fol-
lowing Wiener system

x(k) = ayulk) + azulk — 1) + w, yik)

=2k 4 C x(k)(xlk) - xp) e x(k)* (x(k) — x3) o
TR Xy (X2 —X3) P 0 - "

where the true parameters are a,=2; a,=1; C,=4.1; C,=3.5.
The testing points for the expert information on the nonlinear
function are £,=0; &,=5; £3=10. For anesthesia applications,
we always have y=0 when x=0. This information is already
incorporated in the expression. The nominal function y=2x is
known and contained in the expression. Prior information on
unknown parameters are given by: rangeofa, =[0, 3]; range of
a,={0, 2]; range of C,=[2,6]; range of C,=[1, 5]. They will
form €, and Q, by Cartesian products. w and v are ii.d.
uniformly distributed random processes, in the range [-1.5,
1.5].

The two-step structure and the stochastic approximation
algorithms are used to identify 6=[a,, a,]'and ©=[C, C,]'". As
expected, the accuracy and convergence of the estimates
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depend on the input signal (for richness in its probing capa-
bility), step sizes, and prior information. Many variations on
these conditions are tested: for inputs: the step input, periodic
inputs of different periods and typical anesthesia infusion
profiles; for step sizes: constant sizes of different values,
variable sizes of different initial values and decaying rates; for
prior information: different ranges. A typical estimation error
trajectory is illustrated in FIG. 3, which has a periodic input
and variable step size € kZO.SkA'O'9 for both 6 and © estimators.
The resulting estimation: 0=[2.04, 1.03]' and ©-[4.21,
2.9951]', much improved accuracy from the prior expert
assessment.

Model Development for Patient BIS Responses to Drug
Infusion
It is a great challenge to characterize mathematically a
patient’s response to drug infusion. Due to large deviations in
physical conditions, ages, metabolism, pre-existing medical
conditions, and surgical procedures, patients demonstrate
high nonlinearity and a large variations in their responses to
drug infusion. Also, detailed models of clinical subjects on
their physilogical processes are inherently very complex and
not suitable for clinical applications. On the other hand, anes-
thesiologists have been administering drug infusion success-
fully with only limited information on patients, such as
weights and medical conditions. Control strategies of an
experienced anesthesiologist are based intuitively on basic
characteristics. such as how sensitive the patient is to a drug
infusion. The modeling approach, previously introduced cap-
tures this understanding and is briefly summarized below.

Model Structures
The model contains three building blocks, as shown in FIG. 1
The first two blocks represent the patient response to popofol
titration and bolus injection, respectively. The third block
characterizes the patient response to predictable stimulation
such as incision, closing, etc. For concreteness, we will
assume that propofol is the anesthesia drug although the
model structure is generic and valid for other anesthesia
drugs.

Propofol titration is administered by an infusion pump,
whose dynamics is represented by a first-order dynamic delay

1
Tis+1

where T, is the time constant of the infusion pump. T, typically
ranges from 0.2 to 2 seconds and is determined from experi-
ment data.

The key component of the model is the patient dynamics,
whichis defined by three basic elements: (1) Initial time delay
T, after drug infusion, represented by a transfer function e™**;
(2) Time constant T,, representing the speed of response,

1 .
Tps+1’

(3) A nonlinear static function representing sensitivity of the
patient to a drug dosage at steady state, represented by a
nonlinear function f,. The meanings of these three compo-
nents are depicted in FIGS. 24 and 2.

Two possible model structures for titration are shown in
FIG. 3. depending on if the nonlinear function preceeds the
linear dynamic system (Hammerstein Model) or follows it
(Weiner Model). Both model structures are viable in this
application. For simplicity, we shall focus on the Wiener
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model. The delay time ,,, time constant T,,, and the sensitivity
function vary greatly among patients and must be established
individually for each patient.

Bolus injection inputs a large amount of drug in a short
time interval. The bolus model has a structure similar to the
titration model, but with different model parameters, that are
correlated to those of the titration model.

One of the most important control tasks in infusion control
is to predict the impact of surgical stimulation on the BIS
levels. Surgical stimulation is the main cause that induces
large fluctuations in anesthetic denth during a surgical proce-
dure. Early prediction of the impact will allow advanced drug
adjustment before a feedback signal from the BIS monitor
activates control actions. Typical surgical stimulation
includes initial surgery preparation, incision, closing, etc.
Significant surgical stimulation is predictable in advance and
can be roughly characterized by their severity in affecting BIS
values. Here we use classification levels from 1 to 5 to repre-
sent severity of stimulation: 1 being a minor stimulation and
5 the most significant stimulation. Patient responses to surgi-
cal stimulation are represented by the third model block. The
block contains also a time delay T, and a transfer function

Kx
Tes+1

to reflect its dynamics and a lookup table for its impact on the
BIS levels. Since a patient’s BIS sensitivity to stimulation
depends on hypnosis state, a scaling factor a is introduced,

Stimulation Level xa=Scaled Stimulation Level

The scaled stimulation is then used to predict the impact on
the BIS measurements. Information on an upcoming stimu-
lation will be used as a pre-warning to provide a predictive
control so that the impact of the stimulation can be promptly
compensated by early tuning of drug infusion.

The BIS monitor measures the EEG signals and performs
bi-spectrum statistical analysis. Due to the processing time
and data windows required in this procedure, the BIS monitor
introduces a pure time delay (from processing time) and a
dynamics delay (related to the size of data windows). Its
relevant dynamics to control can be represented by a system
transfer function

1
Tb5+1

2Ths

cascaded with a nonlinear limiter with lower limit 0 and upper
limit 100 (defining the BIS range).

There are many sources of disturbances that will also affect
the BIS readings. These include unpredictable stimulation to
the patient, other drugs, electrical noises, sensor attachment
movements, environment noises, etc. These disturbances are
unpredictable and cannot be compensated by early predictive
control. Their impact on BIS levels will be minimized by a
feedback action.

Model Verification and Development by Clinical
Data

To verify the utility of the model structure and develop indi-
vidual patient models, clinical data are collected, after an
approval from the IRB board. One of these data sets is
described below to illustrate the process and results.
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The anesthesia process was administered manually by an
anesthesiologist and lasted about 76 minutes, starting from
the initial drug administration and continuing until the last
dose of administration. The trajectories of titration and bolus
injection, as well as the corresponding BIS values are shown
in FIG. 5. Scaled surgical stimulation trajectories are detet-
mined by the anesthesiologist and shown in FIG. 6.

The data were then used to determine model parameters
and function forms. The Wiener model is used in this case.
The actual BIS response is compared to the model response
over the entire surgical procedure. Comparison results are
shown in FIG. 30. Here, the inputs of titration and bolus are
the recorded real-time data. The model output represents the
patient response very well. In particular, the model captures
the key trends and magnitudes of the BIS variations in the
surgical procedure. This indicates that the model structure
contains sufficient freedom in representing the main features
of the patient response. Also, the impact of surgical stimula-
tion is captured by the model. These features are of essential
importance in designing control strategies for computer-
aided drug infusion.

Real-Time Identification of the Patient Model

In the previous section, by using an off-line modeling process
we have shown that the model structures can represent satis-
factorily the patient response to drug infusion. In clinical
applications, this model must be developed individually for
each patient and modified over the surgical procedure. Con-
sequently, fast real-time modeling becomes inevitable. The
main goal of real-time modeling is to obtain the model param-
eters quickly and accurately.

Employing the identification method and the patient model

we will develop a fast identification method for patient
models in anesthesia infusion. The algorithm contains two
modules: Expert Classification Module (ECM) and Real-
Time Learning Module (RTLM). For simplicity, we shall
focus on the titration model. The Wiener model entails a
linear time-invariant system (time delay and time constant)
followed by a memoryless nonlinear function (sensitivity
function). Mathematically, this relationship is expressed as

X(s) = e sy (s);

Tos+1

Vi = fplxe)

where U(s) is the Laplace transform of the input u (the pro-
pofol titration rate). The BIS value is related to y by

BIS,=100-Sar(y,)

where Sat is the saturation function defined by Sat(y)=v, if
0<y=<100; Sat(y)=0, if y<0; and Sat(y)=100, if y>100. This
expression simply represents the fact that the drug infusion
will reduce the BIS value from its maximum value 100 (fully
awake).

Since the model parameters T, and T, have clear physical
meaning and are compatible with the accessment of an anes-
thesiologist, this model allows direct inputs from expert
knowledge. For instance, a patient with fast drug response
will have a smaller T, and t,,. It should be emphasized that
such a subjective accessment is not accurate and can serve
only as initial parameter ranges.

The sensitivity function f, is a monotone increasing func-
tion (the higher the drug infusion rate, the stronger the drug
impact), and f,(0)=0. In this application, m=3 is sufficient
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and typical set points are selected to be x,=50, x,=100,
%5=150. To accommodate the condition f,(0)=0, the base
fanctions in (1) is slightly modified to

x X x
¥ = o) = Cr—0 (%) + C,— Dy (x) + C3 —D3(x).
X1 X2 X3

The coefficients difer significantly from patient to patient.
Determination of the coefficients C,, C,, C3, and T, and T,
will be the main task for real-time learning.

The Expert Classification Module
Since control strategies must be decided at the outset of the
surgery, one must obtain initial patient characteristics to
determine the initial control action. Without real-time data,
these parameters must be initiated by expert assessment. The
expert knowledge of an anesthesiologist on a patient’s drug
response pattern is obtained from a patient’s medical history
and conditions. An anesthesiologist employs the informatioin
to give an initial approximate accessment, usually expressed
in linguistic terms such as “this is a patient who may be very
sensitive to propofol.”

The Expert Classification Module (ECM) represents a
mapping from the linguistic assessment to initial values T,
T,,and C,, C,, C;. Here, we ask an anesthesiologist to assign
a relative value between 1 and 10 to represent a patient’s
resp|onse to drug infusion, where 1 represents the slowest and
10 the fastest. A computerized mapping translates the assess-
ment to a bounded parameter set on t, and T, as shown in
FIG. 10.

For an individual patient, the anesthesiologist provides an
initial assessment on drug sensitivity: Given the titration rate
X,, the corresponding estimated ranges of BIS values [y,, v,],
i=1, 2, 3. This leads to the prior parameter uncertainty set
Q- y1, ¥il & [¥2 Yol () [vs, V5] where X is the Cartisian
product.

This framework allows seamless incorporation of expert
knowledge into the mathematical model structure even when
this knowledge is partial and approximate.

The Real-Time Learning Module
Starting from the initial model uncertainty sets €2, and Q,, the
Real-Time Learning Module (RTLM) employs real-time data
to learn the patient characteristics and to improve model
accuracy. Algorithm 1 is employed in this module to identify
the parameters recursively.

Verification
The algorithm is evaluated by using the collected clinical
data. Under manual control of drug infusion by an anesthesi-
ologist, the popofol titration, bolus injection, surgical stimu-
lation, and the patient response are recorded. The actual sam-
ling interval for the BIS trajectory is 5 seconds and the rate
change of the drug infusion is timed and recorded manually.
For the convenience of data processing, the data are then
reformated and resampled (interpolation) to form a synchro-
nized input-output data with sampling interval 1 second.

To illustrate, we shall concentrate on identification of the
titration model. To estimate the parameters in the titration
block, the data in the interval where the bolus and stimulation
impact is minimal are used. A data window of 8 minutes is
used in the identification process. The identification proceeds
as follows.

First, a grid of potential values of the time delay T, and the
time constant T, is generated. In this particular application, a
grid width of 2 seconds is used for T, and a grid width of 5
seconds is used for T, resulting in a grid space G of size
mxm,, (T,/,T;),i=1,...,m4j=1,...,m,. Duetorobustness
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in feedback and predictive control, this level of precision is
sufficient. For each selection of the values from the grids, we
estimate the sensitivity function by optimized data fitting
(least-squares). Then the fitting errors are compared over the
grid space G. The optimal (T, T,*") is selected that mini-
mizes the fitting error.

The actual BIS response is then compared to the model
response over the entire surgical procedure. FIG. 31 shows
the model BIS trajectory versus the actual BIS data from the
patient.

Real-time medical decisions are exemplified by general
anesthesia for attaining an adequate anesthetic depth (con-
sciousness level of a patient), analgesia (pain management),
sedation control in ICU (intensive care units), fluid resusci-
tation in trauma cases, circulation control (ventilation and
mechanical circulation), etc. In all s these medical decision
processes, one of the most critical requirements is to predict
the impact of the inputs (drug infusion rates, fluid flow rates,
airway pressure and flow rates, etc.) on the outcomes (con-
sciousness levels, pain scores, blood pressures, heart rates,
oxygen saturation, etc.). This prediction capability is not nec-
essarily “control-oriented,”” although its control implication
is obvious. It can be used for display, warning, predictive
diagnosis, decision analysis, outcome comparison, etc.

The core function of this prediction capability is embedded
in establishing, in real-time, a reliable model that relates the
(multiple) inputs to the (multiple) outcomes. Apparently, this
is a real-time identification problem. This problem offers a
great challenge and opportunity for advancing system iden-
tification.

The major challenges that must be addressed include:

(1) Reliability and safety are mandatory. Theoretical analy-
sis and limited simulation must be further enhanced by a more
comprehensive evaluation process. Eventually reliability
must be established statistically via clinical trials.

(2) The characteristics of patient responses demonstrate
significant nonlinearity and time variation.

(3) Unlike industry applications, patient responses depend
critically on patient medical conditions, surgical procedures,
and drug interactions; and hence they are not repeatable.
Models must be established individually and in real-time.

(4) This is not a data rich environment. At the starting time
interval before substantial data become available one must
rely on expert assessment to initiate the model and decision
process. This implies that the modeling process must allow a
seamless combination of assessment and data-generated esti-
mation.

(5) Since data points are limited, low-complexity models
and fast identification are always preferred.

(6) Due to medical constraints, the inputs are not allowed to
be arbitrarily selected for best identification experiments or
probing excitation.

These challenges, together with traditional focus of system
identification on linear, well defined, and repeatable environ-
ment, have resulted in a gap between theoretical results in
identification and applications to medical applications.
Patient Model Structures

In an attempt to understand the potential of system identi-
fication in this important application area, we have identified
anesthesia decisions as a typical setting for studying the sys-
tem identification problem. Some preliminary findings on the
utility of Wiener model structures (Hammerstein models can
be similarly applied), combination of assessment and real-
time estimation, and identification algorithms are summa-
rized below.

The goals of general anesthesia are to achieve hypnosis and
analgesia simultaneously throughout a surgical operation
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while maintaining the vital functions of the body. One of the
most critical tasks of anesthesia is to attain an adequate anes-
thetic depth.

The newly marketed BIS monitor provides a viable direct
measurement of anesthesia depth. To facilitate control strat-
egy development for improved anesthesia performance, it is
highly desirable to develop representative models of BIS
responses to drug infusion. Since patients differ dramatically
in metabolism, pre-existing medical conditions, and surgical
procedures, individualized models must be established for
each patient with limited patient information and data points.
A knowledge-based and control-oriented modeling approach
was introduced recently and applied to develop a feedback
and predictive control strategy for anesthesia infusion. The
models retain only the key characteristics of patient responses
that are essential for control strategy development and can be
determined by either data or expert knowledge. Furthermore,
an identification algorithm has been introduced for updating
the patient model in real-time.

Due to complications in human metabolism and nerve
systems, we do not perceive that the system dictates any
specific model structure as especially superior. Simple model
structures that can capture the key characteristics and main-
tain physiological meanings of model parameters will be
preferable since they will allow easy interface with physi-
cians and fast model updates.

As previously noted, we have tested the validity of Wiener
structures in representing the patient dynamics. The patient
dynamics is defined by three basic elements:

(1) Initial time delay <, after drug infusion;

(2) Time constant T, representing the speed of response;

(3) A nonlinear static function f, representing sensitivity of
the patient to a drug dosage at steady state.

The meanings of these three components are depicted in
FIGS. 24 and 25.

This model structure can be mathematically represented by
a Wiener model with input u and output y, x=Gu+"w, y=f(x)+
“v where G is a dynamic linear system, fis a memoryless
nonlinear function, and “w and ~v are noises. X is an interme-
diate variable that cannot be directly measured. In our appli-
cations here, G and f represent the transient and steady-state
behavior of a patient’s response to a drug infusion input,
respectively. G can be discretized and represented by an
ARMA model:

'xt :q)t Te+wt

where

or approximated by a MA model with sufficiently high
orders.

The sensitivity function f can be modeled by either a linear
combination of some pre-selected base functions or a param-
eterized nonlinear function. The delay time T, time constant
T,, and the sensitivity function f vary greatly among patients
and must be established individually for each patient.

To verify the utility of the model structure and develop
individual patient models, clinical data are collected. One of
these data sets is described below to illustrate the process and
results. The anesthesia process was administered manually by
an anesthesiologist and lasted about 76 minutes, starting from
the initial drug administration and continuing until the last
dose of administration.

To verify the capability of the model structure, the data
were used to determine model parameters and function forms,
by an off-line estimation method (an optimal nonlinear LS
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estimator). The actual response is compared with the model
response over the entire surgical procedure. Comparison
results are shown in FIG. 10a to 104. Here, the inputs of drug
titration (continuous drug flow) and bolus (drug injection of a
short duration) are the recorded real-time data. The model
captures the key trends and magnitudes of the output varia-
tions in the surgical procedure. This indicates that the model
structure, though very simple, contains sufficient freedom in
representing the main features of the patient response. Also,
the impact of surgical stimulation is captured by the model.

Reliability Evaluation of Identification Algorithms

Despite well established theoretical results on many identifi-
cation algorithms, our studies indicate that to enhance reli-
ability of system identification in medical applications, some
well developed algorithms must be significantly re-evaluated
and modified beyond routine convergence analysis. Our cri-
teria for evaluating an algorithm include:

(1) Accuracy and convergence (estimation errors);

(2) Robustness (error excursion frequencies);

(3) Model complexity (number of parameters);

(4) Time complexity (data points required); and

(5) Usage convenience (requirements of delicate tuning or
sensitive dependence on initial values are not desirable).

To understand the reliability of various identification meth-
ods on Wiener models and anesthesia patient models, the
following platforms are used as a benchmark.

Platform 1: A Simulated Wiener System
The example platform is expressed by the Wiener system:

Xy = Q1Y+ Gl + Wy,

Cra(x; = €1)
&6 - &)

Coxy (% = &2)
(& - &)

Ye=2x+

+;

where the true parameters are a,=2; a,=1; C,=4.1; C,=3.5.
The testing points for the expert information on the nonlinear
function are &,=5; £,=10. For anesthesia applications, we
always have y,=0 when x,=0. The nominal function y,=2x, is
known and contained in the expression. Prior information on
unknown parameters are given by: rangeofa, =[0, 3]; range of
a,=10, 2]; range of C,=[2, 6]; range of C,=[1, §].
w, and v, are i.i.d. uniformly distributed random processes, in
the range [-1.5, 1.5].
Platform 2: An Anesthesia Patient Model

From patient data, the titration model is first extracted by
an off-line method. The method eliminates the impact of
surgical stimulation and drug impact from bolus injection,
and produces a BIS response of the drug propofol titration on
the patient as shown in FIGS. 194 and 194.
Recursive Algorithms

Model parameter updating algorithms must be used to
estimate the parameters of the Wiener model, especially the
linear dynamic part. There have been established many valid
recursive algorithms in a wide variety of applications. Our
objective here is to evaluate the accuracy and convergence of
different recursive algorithms under this application. Here a
linear system is used

=157, 1=0.7y, 540.9u, 1+0.5u, s+e~¢, O+e,

where e is a Gaussian disturbance with zero mean and unit
variance.

The evaluated algorithms include the following four types.
For the first three algorithms, since the tunable parameters
have dramatic impact on their performance, their values are
optimized in each run.
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(1) Adaptive Filtering

c
01 =0, + 17¢r(Yr _¢1T0r)’ O<r=lL

(2) Adaptive Filtering with Averaging

~ C ~
b =00+ iy = #/6,),0<r<1;

01 =0, - me

(3) One-step Modified Optimal Projection

Nl

at ‘M—‘l’r (v - ¢1T6r)-

OHI = 0; +r

(4) Recursive Least Squares

Pigr

= —— P = (- KgD)Ps
1+¢Z-P,¢, t+1 ( i¢r)t

t

Or1 = 0, + Ky (3 - ¢179r)-

The algorithms are started with the same initial estimate,
which s obtained by using an LS estimate with 10 data points.
Then the recursive algorithms are performed for 1000 data
points. For each algorithm, the estimation errors during the
last 20 time points are averaged. The averaged error is used as
a measure of identification accuracy. The simulation is
repeated 50 times. The 50 estimation errors are plotted in the
right column of FIGS. 20a to 20/ for algorithm comparison.
Also, the 50th error trajectory for each algorithm is illustrated
in the left column.

It seems clear that the recursive least squares algorithm
outperforms the rest in two aspects: (1) It provides more
accurate estimates; (2) It does not require any variable tuning.
It is noted that we have optimized variables for each run in
other algorithms. In real applications, these variables cannot
be optimized over each sample path. Consequently, the actual
performance of these algorithms will be worse than what we
have demonstrated in this simulation. In fact, when the vari-
ables are fixed, we encountered occasionally parameter diver-
gence in adaptive filtering or projection algorithms. In gen-
eral, the RLS may require slightly more computational time.
However, this is not an issue in this case since the model order
is small in patient models. Consequently, we will use LS
algorithms in our identification of patient models.

Block Recursion
A two-step recursive estimation algorithm has been pro-

posed for identifying the patient model in real-time. The

procedure can be briefly summarized as follows:

Two-step Procedure. We start at time k=0 with
8, (the parameters for the linear part) and
0, (the parameters for the nonlinear part).

Step 1: Attime k, the available 6, is used to map the outputy,
backwards to obtain the “intermediate”output X,. Then v,
and X, are used to update 0, .

Step 2: From the obtained 0, , we map u,,, forward to obtain
Xeos- Then X, , and y,,, are used to update 6,,, from 6,
Selection of recursive algorithms, averaging, projection

into a bounded set, step size selection, and convergence
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analysis have previously been presented. This algorithm is
computationally very efficient.

To evaluate its reliability, a known system is used that
works reasonably well when initial estimates are close to true
values. However, when initial estimates are further away from
true values the algorithm demonstrated irregular behavior
that includes parameter divergence, slow parameter drifting,
and large output prediction errors. In other words, it is not a
reliable algorithm.

Consequertly, the algorithm is modified into a block recur-
sive algorithm. In this modified algorithm, the parameters are
not updated upon receiving each observation. But rather, a
block of m observations is used collectively to update the
model parameters. Starting with the most recent estimate as
an initial condition, the algorithm searches for the optimal
parameters that minimize the output errors between the
model output and measured output in the data block. This
modified algorithm have shown a greatly improved reliabil-
ity. For the system (2), we used the block size 10 to run a
simulation of 800 data points with a random input. The simu-
lation was repeated 50 times and demonstrated good predic-
tion capability in each run. A typical result is shown in FIG.
21. On the other hand, parameter convergence is not always
demonstrated.

Optimization Efficiency

For a nonlinear system, optimization carries potentially
large computational burdens. As shown in the previous sec-
tion, overly simplified algorithms may suffer loss of reliabil-
ity. In search of efficient optimization methods during a block
recursion, an embedded optimization method was employed.
In this method, for given parameters of the nonlinear part of
the model, the parameters of the linear part are optimized by
the least squares algorithm that is computationally very
simple. Consequently, only the parameters of the nonlinear
function must be searched. In our evaluation, global grid
search, local grid search (around the initial estimate), simplex
optimization methods were tested. The simplex method finds
similar parameter values but requires on average only about
one twentieth of computational time required by the grid
search methods.

Parameterization of Nonlinear Functions

The memoryless function f in the Wiener model represents
steady-state sensitivity: The impact of the input (drug
amount) on the outcome. Theoretically, a memoryless and
continuous nonlinear function can be approximated by a
polynomial function to any degree of accuracy when the order
of the polynomial is allowed to increase. However, the param-
eters of the polynomial usually do not carry any physical
meaning. It has been proposed that the following functions
are more suitable to connect with expert assessment.

A physician’s knowledge can be expressed as follows:
Given m typical x amounts &, . . ., §,, the approximate
ranges of the predicted steady-state outcomes are [y,
Vil, - -« [¥o ¥yl We parameterize f by:

32

where ®,(x) is the m™ order polynomial:

m

5 [

=1, ;(ngj)
O = 2 —

i

=1, j#

o

=4))

10

@, (x) satisfies @,(E)=0, j=i; @,(5)=1. Consequently, the
prior expert information becomes precisely the prior interval
information on the parameters ©=[C, ..., C,]"; C,€ [v...],
=1,...,m

This knowledge will serve as the prior information on the
unknown parameters 6 and ®. Consequently, the parameters
will have clear physical meanings and expert assessment can
be integrated seamlessly into this parameterization.

Interestingly, for computational purposes this parameter-
ization implies further complications. Understanding that the
nonlinear function in this application represents a drug’s
steady-state impact on the patient outcome. Hence it must
obey thebasic monotone principle: the more the drug infusion
rate, the more the impact on the patient. Unfortunately, this
requirement is not naturally embedded in the polynomial
parameterization. In fact, in a box of parameter values for the
polynomials in the resulting nonlinear functions are not
always monotone. Also, for the same parameters, the corre-
sponding function may become non-monotone when the
range of the drug rates is enlarged. Consequently, in search of
optimal parameters during system identification, monotonic-
ity must be laboriously checked in each evaluation and some-
times leads to the failure of a local search.

A remedy of this situation is found by using a different
parameterization of the nonlinear function. The following
two-parameter function is employed: Suppose that x takes
values in [0,b].

15

40

= r(x + (—erf(ax) -
r= " \erflad)

J

where erf(*) is the standard error function, and the parameters
r and o define variation in y at x=b and curvatures of the erf
functioninx € [o,b]. Since itis very simpleto find a box inr—a
space under which the resulting nonlinear functions are
always monotone, it greatly improves time complexity in
search algorithms. In FIGS. 24, 25, and 26, the ranges of
50 searched nonlinear functions are included in the bottom plots.
Model Complexity and Time Complexity
Model complexity and time complexity are especially
important in medical applications due to limited data points,
input probing richness, requirements of prompt decisions,
and time varying natures of patient models. In this evaluation
the patient model in FIGS. 194 and 195 is used. Since actual
model order and structures are unknown to the designer, we
simply use either MA or ARMA models of various orders and
evaluate their prediction capability. The input data are the real
60 drug infusion rates which do not provide much richness in
excitation. The total surgery lasted about 4000 seconds. We
used the first 400 seconds of the data for system identification
for ARMA models, and 1000 data points for MA models
since their orders are much higher. Then the prediction capa-
5 bility of the identified model is evaluated by applying it to the
entire data. It is noted that during the first 400 seconds, the
input changes its value only once.

45

55
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Conceptually, it is arguable that for a linear stable system,
it is always possible to approximate it by a FIR model (mov-
ing average). This model structure can significantly simplify
theoretical analysis. However, a comparison of FIGS. 22 and
23 shows clearly that to capture the dynamics of the actual
system, the order of the MA model must be very high. This is
highly undesirable in this application since 200 parameters in
this model is a very high model complexity. It also increases
identification time complexity. Since an overall patient model
contains many model blocks of similar types, the MA struc-
ture will imply a very large parameter set for system identi-
fication when the overall system is considered.

FIGS. 24, 25, and 26 show the prediction capability of
ARMA models of orders 1, 4 and 10, respectively. It is seen
that ARMA models can capture the dynamics of the system
with much lower orders than MA models.

In sum, it is noted that: (1) Wiener or Hammerstein models
have great potential utility in modeling patient dynamics; (2)
Reliable identification is a stringent requirement that man-
dates a modified evaluation criterion on identification algo-
rithms; (3) Within the framework of reliable identification, all
components of a system identification must be carefully
examined in terms of robustness, reliability, model complex-
ity, time complexity, accuracy, and tracking capability for
time varying parameters.

Although the invention has been described in terms of
specific embodiments and applications, persons skilled in the
art may, in light of this teaching, generate additional embodi-
ments without exceeding the scope or departing from the
spirit of the claimed invention. Accordingly, it is to be under-
stood that the drawing and description in this disclosure are
proffered to facilitate comprehension of the invention and
should not be construed to limit the scope thereof.

What is claimed is:

1. An apparatus for assisting a human expert during the
administration of a medical anesthesia drug to a patient, the
apparatus comprising:

a computing machine having:

an input that receives data corresponding to a plurality of

coefficients C, , C,, C;. as well as time periods T, (initial
time delay after infusion of the anesthesia drug) and
T,(time constant representing speed of response), the
time periods being initially determined in response to an
assessment of the patient by the human expert;

a memory that stores the plurality of coefficients C,, C,,

C,, and the time periods T, and T ;

a processor that solves the formula:

V=0 = G =0 (x) 4 Co =By () + €3 =y (1)
X1 X2 X3

and

a display that displays resulting data to the human expert.

2. The apparatus of claim 1, where a relative value between
1 and 10 is assigned to represent the patient’s response to
infusion of the anesthesia drug, where 1 represents the slow-
est and 10 represents the fastest, and the memory of the
computing machine is configured to store the relative value.

3. The apparatus of claim 1, wherein typical set points are
selected to be x; =50, x, =100, and x,=150, and are stored in
the memory of the computing machine.

4. A method of using a computing machine to assist a
human expert in the administration of anesthesia to a patient,
the computing machine having a memory to determine a
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model that corresponds to a predicted response of the patient
to anesthesia drug delivery, the method comprising the steps
of:
determining an initial time delay T, after drug infusion for
the patient;
entering a time delay value corresponding to the initial time
delay T, into the memory of the computing machine;
determining a time constant T, representing speed of
response of the patient;
entering a time constant value corresponding to the time
constant T, into the memory of the computing machine;
determining a nonlinear static function §, representing the
sensitivity of the patient to a dosage of the anesthesia
drug at steady state; and
displaying data corresponding to a solution of the formula:

x x x
¥ =0 =Ci—0(x0) + C,— 0 (x) + C3 — D3 ().
X1 X3 X3

5. The method of claim 4, wherein said steps of determin-
ing an initial time delay t,,, determining a time constant T,
and determining a nonlinear static function f,, are imple-
mented in a Weiner structure that is computed in the comput-
ing machine.

6. The method of claim 4, wherein said steps of determin-
ing an initial time delay T, determining a time constant T,
and determining a nonlinear static function f,, are imple-
mented in a Hammerstein structure that is computed in the
computing machine.

7. Apparatus for determining a predicted response of a
patient to the administration of an anesthesia drug, the appa-
ratus comprising;

a first memory for storing patient dynamics information
relating to the infusion of a bolus dosage of anesthesia
drug, said first memory having a first output for produc-
ing a first output signal corresponding to a first anesthe-
sia level;

a second memory for storing patient dynamics information
relating to the infusion of a titrated dosage of anesthesia
drug, said second memory having a second output for
producing a second output signal corresponding to a
second anesthesia level;

a third memory for storing patient dynamics information
relating to the patient’s predicted response to events of
surgical stimulation, said third memory having a third
output for producing a third output signal corresponding
to an anesthesia effect level;

a signal combiner arrangement for receiving the first and
second output signals and the anesthesia effect level, and
producing at an output thereof a combined anesthesia
effect signal;

a limiter coupled to the output of said signal combiner for
establishing maximum and minimum values of the com-
bined anesthesia signal;

a processor for generating a virtual anesthesia monitor that
produces an anesthesia value responsive to the com-
bined anesthesia signal; and

a display that displays resulting data.

8. The apparatus of claim 7, wherein the first and second
anesthesia levels correspond to respective bi-spectrum levels
of the patient’s electroencephalogram signal, the anesthesia
effect level is a bi-spectrum level, and the combined anesthe-
sia signal is a combined bi-spectrum level signal.
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9. The apparatus of claim 8, wherein the virtual anesthesia
monitor is a virtual bi-spectrum monitor for producing a
bi-spectrum value responsive to the combined bi-spectrum
signal.

10. The apparatus of claim 7, wherein there is further
provided a source of known noise to compensate for an unpre-
dictable disturbances signal, and said signal combiner
arrangement is arranged to receive the unpredictable distut-
bances signal and the combined anesthesia effect signal is
responsive to the unpredictable disturbances signal.
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